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ABSTRACT

Reconfigurable intelligent surfaces (RISs) have been consid-
ered recently for target localization. While existing literature
typically uses fixed RISs in the environment, mounting RISs
on targets is a novel approach that can improve target visibil-
ity and positioning. This study derives the Cramér-Rao bound
(CRB) for pose estimation (i.e., RIS position and orientation)
under a generic wideband and near-field model. The theoreti-
cal findings show that a pose-dependent filtering phenomenon
occurs, impacting the CRB, which is neglected under narrow-
band approximation. The extent of this effect varies based on
factors such as RIS dimensions and signal bandwidth.

Index Terms— RIS, localization, Cramér-Rao bound,
near-field, spatially wideband effects

1. INTRODUCTION

Reconfigurable intelligent surfaces (RISs) are discrete meta-
surfaces made of passive regularly spaced, sub-wavelength-
sized elements whose reflection coefficient can be dynami-
cally tuned to manipulate the direction of reflection and re-
fraction of an impinging wave [1]. The usage of RIS in the
sensing context is relatively recent [2]. In [3], the authors
proposed to use a RIS to assist radar in non-line-of-sight con-
ditions, focusing on the probability of correct detection. The
Cramér-Rao bound (CRB) on position estimation is also re-
ported. The work [4] considers indoor localization by means
of wall-placed RIS. With the advent of large RISs, research
efforts focused on near-field (NF) propagation, namely con-
sidering the wavefront curvature across the RIS. NF opera-
tion opened for further research on fundamental localization
bounds and practical RIS phase configuration. The work [5]
derives the CRB for position and orientation estimation in
some selected practical cases, assuming NF operating con-
ditions and discussing the phase configuration. The authors
of [6] propose a practical NF RIS phase configuration and
analyze the CRB on position estimation. In all the afore-
mentioned literature, RISs are fixed in the environment. In
some scenarios, however, the RIS can be directly lodged on
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targets, to enhance their "visibility" in the sensing data and
ease their localization. This setup for RIS localization is only
considered in [7] and [8]. In the former, the authors inves-
tigate the CRB on position and orientation estimation for a
target-mounted RIS under far-field (FF) assumption, while
the latter addresses the CRB evaluation on position estima-
tion with a perfect RIS phase configuration and bistatic set-
tings. Nonetheless, none of the prior studies assess the impli-
cations of spatially wideband phenomena, which alter the RIS
response as signal frequency shifts within the utilized band-
width, resulting in either reflection beam squinting (FF) or
defocusing (NF). The only work addressing this issue is [9],
albeit focusing on an RIS fixed within the environment.

This paper tackles the problem of 3D position plus 3D
orientation (i.e., pose) estimation of a RIS, that can be pos-
sibly located on a desired target, in a generic bistatic, NF,
and spatially wideband setting. We derive the CRB, outlining
the importance of considering the wideband RIS behavior in
practical cases, where the RIS acts as a pose-dependent filter
for the impinging sensing signal. Remarkably, the latter ef-
fect allows increasing or reducing the available information
w.r.t. the narrowband case (where the RIS is assumed to be-
have like a frequency-independent target) depending on the
RIS size and the specific employed bandwidth value.

The paper is organized as follows: Sect. 2 presents the
system model, in Sect. 3 we evaluate the CRB, Sect. 4
presents the numerical results while Sect. 5 concludes the pa-
per. We adopt the following notation: bold upper- and lower-
case denote matrices and column vectors. The L2-norm of a
vector is denoted with ∥ · ∥. Matrix transposition and conju-
gate transposition are indicated respectively as AT and AH .
In is the identity matrix of size n. a ∼ CN (µ,C) denotes
a multi-variate circularly complex Gaussian random variable
with mean µ and covariance C. trace(A) extracts the trace
of A. R and C stand for the set of real and complex numbers,
respectively. δn is the Kronecker delta.

2. SYSTEM MODEL

Let us consider a generic sensing terminal in a bistatic set-
ting (e.g., a multiple-input multiple-output (MIMO) radar)
that aims at estimating the position and orientation of a tar-
get equipped with a RIS (Fig. 1). In a global reference sys-
tem, the phase centers of transmitting (Tx) and receiving (Rx)
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<latexit sha1_base64="Wc0B99jtPd1YwgwdDZStqsBczhE=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5kSCoIjsSjzKChjJI5CElVnS+bJJTzmfrbo0SWfkFWqjoEC2/Q8G/YBsXkDDVaGZXOzteKIVB2/60VlbX1jc2C1vF7Z3dvf3SwWHLBJHm0OSBDHTHYwakUNBEgRI6oQbmexLa3uQ29duPoI0I1APOQnB9NlJiKDjDVKpMzyr9Utmu2hnoMnFyUiY5Gv3SV28Q8MgHhVwyY7qOHaIbM42CS5gXe5GBkPEJG0E3oYr5YNw4yzqnp5FhGNAQNBWSZiL83oiZb8zM95JJn+HYLHqp+J/XjXB47cZChRGC4ukhFBKyQ4ZrkZQAdCA0ILI0OVChKGeaIYIWlHGeiFHSSjHpw1n8fpm0alXnsnpxXyvXb/JmCuSYnJBz4pArUid3pEGahJMxeSLP5MWaWq/Wm/X+M7pi5TtH5A+sj2+mj5IW</latexit>

x0

<latexit sha1_base64="QyG1a7LblmYyr5WVfI1eEPtbl1A=">AAAB9nicbVC7TsNAEDyHVwivACXNiQRBFdmReJQRNJRBIg8psaLzZZOccj5bd2tEZOUXaKGiQ7T8DgX/gm1cQMJUo5ld7ex4oRQGbfvTKqysrq1vFDdLW9s7u3vl/YO2CSLNocUDGeiuxwxIoaCFAiV0Qw3M9yR0vOlN6nceQBsRqHucheD6bKzESHCGqVSdnVYH5YpdszPQZeLkpEJyNAflr/4w4JEPCrlkxvQcO0Q3ZhoFlzAv9SMDIeNTNoZeQhXzwbhxlnVOTyLDMKAhaCokzUT4vREz35iZ7yWTPsOJWfRS8T+vF+Hoyo2FCiMExdNDKCRkhwzXIikB6FBoQGRpcqBCUc40QwQtKOM8EaOklVLSh7P4/TJp12vORe38rl5pXOfNFMkROSZnxCGXpEFuSZO0CCcT8kSeyYv1aL1ab9b7z2jByncOyR9YH9+oIJIX</latexit>

y0
<latexit sha1_base64="8nnjtfc7cas2Qd2mPuZhDcNuO6M=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5kSCoIjsSjzKChjJI5CElVnS+bJJTzmfrbo0IVn6BFio6RMvvUPAv2MYFJEw1mtnVzo4XSmHQtj+tpeWV1bX1wkZxc2t7Z7e0t98yQaQ5NHkgA93xmAEpFDRRoIROqIH5noS2N7lO/fY9aCMCdYfTEFyfjZQYCs4wlSqPJ5V+qWxX7Qx0kTg5KZMcjX7pqzcIeOSDQi6ZMV3HDtGNmUbBJcyKvchAyPiEjaCbUMV8MG6cZZ3R48gwDGgImgpJMxF+b8TMN2bqe8mkz3Bs5r1U/M/rRji8dGOhwghB8fQQCgnZIcO1SEoAOhAaEFmaHKhQlDPNEEELyjhPxChppZj04cx/v0hatapzXj27rZXrV3kzBXJIjsgpccgFqZMb0iBNwsmYPJFn8mI9WK/Wm/X+M7pk5TsH5A+sj2+psZIY</latexit>

z0

<latexit sha1_base64="SD0XybPMGTH2m/seRQ0Xa6/h7Q4=">AAACDHicbVDLSgNBEJz1bXxFvQheBoPgKewGfByDHvSoYDSQhNA76cQhszPLTK8QQvwEv8KrnryJV//Bg//ibtyDJtapqOqmqyuMlXTk+5/ezOzc/MLi0nJhZXVtfaO4uXXjTGIF1oRRxtZDcKikxhpJUliPLUIUKrwN+2eZf3uP1kmjr2kQYyuCnpZdKYBSqV3cOVcmBMWFMbYjNRByN3CEUbtY8sv+GHyaBDkpsRyX7eJXs2NEEqEmocC5RuDH1BqCJSkUjgrNxGEMog89bKRUQ4SuNRx/MOL7iQMyPEbLZRYmFfH3xhAi5wZRmE5GQHdu0svE/7xGQt2T1lDqOCHUIjtEUuH4kBNWptUg70iLRJAlRy41F2CBCK3kIEQqJmlXhbSPYPL7aXJTKQdH5cOrSql6mjezxHbZHjtgATtmVXbBLlmNCfbAntgze/EevVfvzXv/GZ3x8p1t9gfexzee/ZuG</latexit>

Global coordinate system

<latexit sha1_base64="xP+8yByrgmesQloKY55y4pBu5zQ=">AAACC3icbVC7TsNAEDzzJrwCFBQ0JyIkqsiOxKNE0FBQgEQIUmJF68smnHK+s+7WSJGVT+AraKGiQ7R8BAX/gh1c8JpqNLOrnZ0oUdKR7797U9Mzs3PzC4uVpeWV1bXq+sa1M6kV2BRGGXsTgUMlNTZJksKbxCLEkcJWNDwt/NYdWieNvqJRgmEMAy37UgDlUre6dW4EKC6MsT2pgZC7kSOMu9WaX/cn4H9JUJIaK3HRrX50ekakMWoSCpxrB35CYQaWpFA4rnRShwmIIQywnVMNMbowmzww5rupAzI8QctlESYX8ftGBrFzozjKJ2OgW/fbK8T/vHZK/aMwkzpJCbUoDpFUODnkhJV5M8h70iIRFMmRS80FWCBCKzkIkYtpXlUl7yP4/f1fct2oBwf1/ctG7fikbGaBbbMdtscCdsiO2Rm7YE0m2Jg9sEf25N17z96L9/o1OuWVO5vsB7y3T9GtmxY=</latexit>

Local coordinate system<latexit sha1_base64="dYoY4jTskOHDiiSH9/GOEP2nSV0=">AAAB83icbVC7TsNAEDyHVwivACXNiQiJKrIRrzKChjKRyENKrOh82YRTzmfrbg8psvIFtFDRIVo+iIJ/wTYuIGGq0cyudnaCWAqDrvvplFZW19Y3ypuVre2d3b3q/kHHRFZzaPNIRroXMANSKGijQAm9WAMLAwndYHqb+d1H0EZE6h5nMfghmygxFpxhKrVmw2rNrbs56DLxClIjBZrD6tdgFHEbgkIumTF9z43RT5hGwSXMKwNrIGZ8yibQT6liIRg/yYPO6Yk1DCMag6ZC0lyE3xsJC42ZhUE6GTJ8MIteJv7n9S2Or/1EqNgiKJ4dQiEhP2S4FmkDQEdCAyLLkgMVinKmGSJoQRnnqWjTSippH97i98ukc1b3LusXrfNa46ZopkyOyDE5JR65Ig1yR5qkTTgB8kSeyYtjnVfnzXn/GS05xc4h+QPn4xuLWJGM</latexit>y

<latexit sha1_base64="MgFiDLuxg43b/Tx9esHoyYBzTls=">AAAB83icbVC7TsNAEDzzDOEVoKQ5ESFRRTbiVUbQUCYSeUiJFZ0vm3DK+Wzd7SEFK19ACxUdouWDKPgXbOMCEqYazexqZyeIpTDoup/O0vLK6tp6aaO8ubW9s1vZ22+byGoOLR7JSHcDZkAKBS0UKKEba2BhIKETTG4yv/MA2ohI3eE0Bj9kYyVGgjNMpebjoFJ1a24Ouki8glRJgcag8tUfRtyGoJBLZkzPc2P0E6ZRcAmzct8aiBmfsDH0UqpYCMZP8qAzemwNw4jGoKmQNBfh90bCQmOmYZBOhgzvzbyXif95PYujKz8RKrYIimeHUEjIDxmuRdoA0KHQgMiy5ECFopxphghaUMZ5Ktq0knLahzf//SJpn9a8i9p586xavy6aKZFDckROiEcuSZ3ckgZpEU6APJFn8uJY59V5c95/RpecYueA/IHz8Q2M55GN</latexit>z
<latexit sha1_base64="QyG1a7LblmYyr5WVfI1eEPtbl1A=">AAAB9nicbVC7TsNAEDyHVwivACXNiQRBFdmReJQRNJRBIg8psaLzZZOccj5bd2tEZOUXaKGiQ7T8DgX/gm1cQMJUo5ld7ex4oRQGbfvTKqysrq1vFDdLW9s7u3vl/YO2CSLNocUDGeiuxwxIoaCFAiV0Qw3M9yR0vOlN6nceQBsRqHucheD6bKzESHCGqVSdnVYH5YpdszPQZeLkpEJyNAflr/4w4JEPCrlkxvQcO0Q3ZhoFlzAv9SMDIeNTNoZeQhXzwbhxlnVOTyLDMKAhaCokzUT4vREz35iZ7yWTPsOJWfRS8T+vF+Hoyo2FCiMExdNDKCRkhwzXIikB6FBoQGRpcqBCUc40QwQtKOM8EaOklVLSh7P4/TJp12vORe38rl5pXOfNFMkROSZnxCGXpEFuSZO0CCcT8kSeyYv1aL1ab9b7z2jByncOyR9YH9+oIJIX</latexit>

y0
<latexit sha1_base64="8nnjtfc7cas2Qd2mPuZhDcNuO6M=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5kSCoIjsSjzKChjJI5CElVnS+bJJTzmfrbo0IVn6BFio6RMvvUPAv2MYFJEw1mtnVzo4XSmHQtj+tpeWV1bX1wkZxc2t7Z7e0t98yQaQ5NHkgA93xmAEpFDRRoIROqIH5noS2N7lO/fY9aCMCdYfTEFyfjZQYCs4wlSqPJ5V+qWxX7Qx0kTg5KZMcjX7pqzcIeOSDQi6ZMV3HDtGNmUbBJcyKvchAyPiEjaCbUMV8MG6cZZ3R48gwDGgImgpJMxF+b8TMN2bqe8mkz3Bs5r1U/M/rRji8dGOhwghB8fQQCgnZIcO1SEoAOhAaEFmaHKhQlDPNEEELyjhPxChppZj04cx/v0hatapzXj27rZXrV3kzBXJIjsgpccgFqZMb0iBNwsmYPJFn8mI9WK/Wm/X+M7pk5TsH5A+sj2+psZIY</latexit>

z0

<latexit sha1_base64="3MKALDa2/o5vipeUZ+xfv/PKpDo=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5kSBRRXYkHmUEDWWQyENKrOh82YRTzufT3RoRmfwELVR0iJafoeBfcIwLSJhqNLOrnZ1AS2HRdT+dpeWV1bX1wkZxc2t7Z7e0t9+yUWw4NHkkI9MJmAUpFDRRoISONsDCQEI7GF/N/PY9GCsidYsTDX7IRkoMBWeYSp1KT1vRf6j0S2W36magi8TLSZnkaPRLX71BxOMQFHLJrO16rkY/YQYFlzAt9mILmvExG0E3pYqFYP0kyzulx7FlGFENhgpJMxF+byQstHYSBulkyPDOznsz8T+vG+Pwwk+E0jGC4rNDKCRkhyw3Ii0C6EAYQGSz5ECFopwZhghGUMZ5KsZpM8W0D2/++0XSqlW9s+rpTa1cv8ybKZBDckROiEfOSZ1ckwZpEk4keSLP5MV5dF6dN+f9Z3TJyXcOyB84H98u2ZQe</latexit>

 x

<latexit sha1_base64="MgFiDLuxg43b/Tx9esHoyYBzTls=">AAAB83icbVC7TsNAEDzzDOEVoKQ5ESFRRTbiVUbQUCYSeUiJFZ0vm3DK+Wzd7SEFK19ACxUdouWDKPgXbOMCEqYazexqZyeIpTDoup/O0vLK6tp6aaO8ubW9s1vZ22+byGoOLR7JSHcDZkAKBS0UKKEba2BhIKETTG4yv/MA2ohI3eE0Bj9kYyVGgjNMpebjoFJ1a24Ouki8glRJgcag8tUfRtyGoJBLZkzPc2P0E6ZRcAmzct8aiBmfsDH0UqpYCMZP8qAzemwNw4jGoKmQNBfh90bCQmOmYZBOhgzvzbyXif95PYujKz8RKrYIimeHUEjIDxmuRdoA0KHQgMiy5ECFopxphghaUMZ5Ktq0knLahzf//SJpn9a8i9p586xavy6aKZFDckROiEcuSZ3ckgZpEU6APJFn8uJY59V5c95/RpecYueA/IHz8Q2M55GN</latexit>z
<latexit sha1_base64="8nnjtfc7cas2Qd2mPuZhDcNuO6M=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5kSCoIjsSjzKChjJI5CElVnS+bJJTzmfrbo0IVn6BFio6RMvvUPAv2MYFJEw1mtnVzo4XSmHQtj+tpeWV1bX1wkZxc2t7Z7e0t98yQaQ5NHkgA93xmAEpFDRRoIROqIH5noS2N7lO/fY9aCMCdYfTEFyfjZQYCs4wlSqPJ5V+qWxX7Qx0kTg5KZMcjX7pqzcIeOSDQi6ZMV3HDtGNmUbBJcyKvchAyPiEjaCbUMV8MG6cZZ3R48gwDGgImgpJMxF+b8TMN2bqe8mkz3Bs5r1U/M/rRji8dGOhwghB8fQQCgnZIcO1SEoAOhAaEFmaHKhQlDPNEEELyjhPxChppZj04cx/v0hatapzXj27rZXrV3kzBXJIjsgpccgFqZMb0iBNwsmYPJFn8mI9WK/Wm/X+M7pk5TsH5A+sj2+psZIY</latexit>

z0 <latexit sha1_base64="Wc0B99jtPd1YwgwdDZStqsBczhE=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5kSCoIjsSjzKChjJI5CElVnS+bJJTzmfrbo0SWfkFWqjoEC2/Q8G/YBsXkDDVaGZXOzteKIVB2/60VlbX1jc2C1vF7Z3dvf3SwWHLBJHm0OSBDHTHYwakUNBEgRI6oQbmexLa3uQ29duPoI0I1APOQnB9NlJiKDjDVKpMzyr9Utmu2hnoMnFyUiY5Gv3SV28Q8MgHhVwyY7qOHaIbM42CS5gXe5GBkPEJG0E3oYr5YNw4yzqnp5FhGNAQNBWSZiL83oiZb8zM95JJn+HYLHqp+J/XjXB47cZChRGC4ukhFBKyQ4ZrkZQAdCA0ILI0OVChKGeaIYIWlHGeiFHSSjHpw1n8fpm0alXnsnpxXyvXb/JmCuSYnJBz4pArUid3pEGahJMxeSLP5MWaWq/Wm/X+M7pi5TtH5A+sj2+mj5IW</latexit>

x0

<latexit sha1_base64="OjFrD0BTUm7Uyj31o1LmxtHYAxg=">AAAB83icbVC7TsNAEDzzDOEVoKQ5ESFRRTbiVUbQUCYSeUiJFZ0vm3DK+Wzd7SEiK19ACxUdouWDKPgXbOMCEqYazexqZyeIpTDoup/O0vLK6tp6aaO8ubW9s1vZ22+byGoOLR7JSHcDZkAKBS0UKKEba2BhIKETTG4yv/MA2ohI3eE0Bj9kYyVGgjNMpebjoFJ1a24Ouki8glRJgcag8tUfRtyGoJBLZkzPc2P0E6ZRcAmzct8aiBmfsDH0UqpYCMZP8qAzemwNw4jGoKmQNBfh90bCQmOmYZBOhgzvzbyXif95PYujKz8RKrYIimeHUEjIDxmuRdoA0KHQgMiy5ECFopxphghaUMZ5Ktq0knLahzf//SJpn9a8i9p586xavy6aKZFDckROiEcuSZ3ckgZpEU6APJFn8uJY59V5c95/RpecYueA/IHz8Q2JyZGL</latexit>x

<latexit sha1_base64="wM7IfIgFhZBtDTeE6YoAutar2Fk=">AAAB+nicbVC7TsNAEDyHVwivACXNiQSJKrIj8SgjaCiDRB5SYkXnyyaccj6f7tZIkclP0EJFh2j5GQr+BdukgISpRjO72tkJtBQWXffTKaysrq1vFDdLW9s7u3vl/YO2jWLDocUjGZluwCxIoaCFAiV0tQEWBhI6weQ68zsPYKyI1B1ONfghGysxEpxhKnWrfW3FYFodlCtuzc1Bl4k3JxUyR3NQ/uoPIx6HoJBLZm3PczX6CTMouIRZqR9b0IxP2Bh6KVUsBOsned4ZPYktw4hqMFRImovweyNhobXTMEgnQ4b3dtHLxP+8XoyjSz8RSscIimeHUEjID1luRFoE0KEwgMiy5ECFopwZhghGUMZ5KsZpM6W0D2/x+2XSrte889rZbb3SuJo3UyRH5JicEo9ckAa5IU3SIpxI8kSeyYvz6Lw6b877z2jBme8ckj9wPr4BMGmUHw==</latexit>

 y

<latexit sha1_base64="Wc0B99jtPd1YwgwdDZStqsBczhE=">AAAB9nicbVC7TsNAEDzzDOEVoKQ5kSCoIjsSjzKChjJI5CElVnS+bJJTzmfrbo0SWfkFWqjoEC2/Q8G/YBsXkDDVaGZXOzteKIVB2/60VlbX1jc2C1vF7Z3dvf3SwWHLBJHm0OSBDHTHYwakUNBEgRI6oQbmexLa3uQ29duPoI0I1APOQnB9NlJiKDjDVKpMzyr9Utmu2hnoMnFyUiY5Gv3SV28Q8MgHhVwyY7qOHaIbM42CS5gXe5GBkPEJG0E3oYr5YNw4yzqnp5FhGNAQNBWSZiL83oiZb8zM95JJn+HYLHqp+J/XjXB47cZChRGC4ukhFBKyQ4ZrkZQAdCA0ILI0OVChKGeaIYIWlHGeiFHSSjHpw1n8fpm0alXnsnpxXyvXb/JmCuSYnJBz4pArUid3pEGahJMxeSLP5MWaWq/Wm/X+M7pi5TtH5A+sj2+mj5IW</latexit>

x0

<latexit sha1_base64="OjFrD0BTUm7Uyj31o1LmxtHYAxg=">AAAB83icbVC7TsNAEDzzDOEVoKQ5ESFRRTbiVUbQUCYSeUiJFZ0vm3DK+Wzd7SEiK19ACxUdouWDKPgXbOMCEqYazexqZyeIpTDoup/O0vLK6tp6aaO8ubW9s1vZ22+byGoOLR7JSHcDZkAKBS0UKKEba2BhIKETTG4yv/MA2ohI3eE0Bj9kYyVGgjNMpebjoFJ1a24Ouki8glRJgcag8tUfRtyGoJBLZkzPc2P0E6ZRcAmzct8aiBmfsDH0UqpYCMZP8qAzemwNw4jGoKmQNBfh90bCQmOmYZBOhgzvzbyXif95PYujKz8RKrYIimeHUEjIDxmuRdoA0KHQgMiy5ECFopxphghaUMZ5Ktq0knLahzf//SJpn9a8i9p586xavy6aKZFDckROiEcuSZ3ckgZpEU6APJFn8uJY59V5c95/RpecYueA/IHz8Q2JyZGL</latexit>x

<latexit sha1_base64="dYoY4jTskOHDiiSH9/GOEP2nSV0=">AAAB83icbVC7TsNAEDyHVwivACXNiQiJKrIRrzKChjKRyENKrOh82YRTzmfrbg8psvIFtFDRIVo+iIJ/wTYuIGGq0cyudnaCWAqDrvvplFZW19Y3ypuVre2d3b3q/kHHRFZzaPNIRroXMANSKGijQAm9WAMLAwndYHqb+d1H0EZE6h5nMfghmygxFpxhKrVmw2rNrbs56DLxClIjBZrD6tdgFHEbgkIumTF9z43RT5hGwSXMKwNrIGZ8yibQT6liIRg/yYPO6Yk1DCMag6ZC0lyE3xsJC42ZhUE6GTJ8MIteJv7n9S2Or/1EqNgiKJ4dQiEhP2S4FmkDQEdCAyLLkgMVinKmGSJoQRnnqWjTSippH97i98ukc1b3LusXrfNa46ZopkyOyDE5JR65Ig1yR5qkTTgB8kSeyYtjnVfnzXn/GS05xc4h+QPn4xuLWJGM</latexit>y
<latexit sha1_base64="QyG1a7LblmYyr5WVfI1eEPtbl1A=">AAAB9nicbVC7TsNAEDyHVwivACXNiQRBFdmReJQRNJRBIg8psaLzZZOccj5bd2tEZOUXaKGiQ7T8DgX/gm1cQMJUo5ld7ex4oRQGbfvTKqysrq1vFDdLW9s7u3vl/YO2CSLNocUDGeiuxwxIoaCFAiV0Qw3M9yR0vOlN6nceQBsRqHucheD6bKzESHCGqVSdnVYH5YpdszPQZeLkpEJyNAflr/4w4JEPCrlkxvQcO0Q3ZhoFlzAv9SMDIeNTNoZeQhXzwbhxlnVOTyLDMKAhaCokzUT4vREz35iZ7yWTPsOJWfRS8T+vF+Hoyo2FCiMExdNDKCRkhwzXIikB6FBoQGRpcqBCUc40QwQtKOM8EaOklVLSh7P4/TJp12vORe38rl5pXOfNFMkROSZnxCGXpEFuSZO0CCcT8kSeyYv1aL1ab9b7z2jByncOyR9YH9+oIJIX</latexit>

y0

<latexit sha1_base64="Zgvzr2sNWzuwCWWvAfnInoACrZs=">AAAB+nicbVC7TsNAEDzzDOEVoKQ5kSBRRXYkHmUEDWWQyENKrOh82YRTzufT3RophPwELVR0iJafoeBfsI0LSJhqNLOrnZ1AS2HRdT+dpeWV1bX1wkZxc2t7Z7e0t9+yUWw4NHkkI9MJmAUpFDRRoISONsDCQEI7GF+lfvsejBWRusWJBj9kIyWGgjNMpE6lp63oP1T6pbJbdTPQReLlpExyNPqlr94g4nEICrlk1nY9V6M/ZQYFlzAr9mILmvExG0E3oYqFYP1plndGj2PLMKIaDBWSZiL83piy0NpJGCSTIcM7O++l4n9eN8bhhT8VSscIiqeHUEjIDlluRFIE0IEwgMjS5ECFopwZhghGUMZ5IsZJM8WkD2/++0XSqlW9s+rpTa1cv8ybKZBDckROiEfOSZ1ckwZpEk4keSLP5MV5dF6dN+f9Z3TJyXcOyB84H98x+ZQg</latexit>

 z

<latexit sha1_base64="dUEyyNm0Mzly6N4fPbZNHJnZvZE="></latexit>

Rotation convention (Q(�))

<latexit sha1_base64="5pWg654nO42k5V/k1u/Jko5RH0A=">AAACBHicbVC7TsNAEDyHVwgvAyXNiQiJAkU24lVG0FAGiTykJETryyaccj5bd+tIkZWWr6CFig7R8h8U/AtOSAGBqUYzu9rZCWIlLXneh5NbWFxaXsmvFtbWNza33O2dmo0SI7AqIhWZRgAWldRYJUkKG7FBCAOF9WBwNfHrQzRWRvqWRjG2Q+hr2ZMCKJM6rtsiSDppC5U60uH4TnbcolfypuB/iT8jRTZDpeN+trqRSELUJBRY2/S9mNopGJJC4bjQSizGIAbQx2ZGNYRo2+k0+ZgfJBYo4jEaLhWfivhzI4XQ2lEYZJMh0L2d9ybif14zod5FO5U6Tgi1mBwiqXB6yAojs0qQd6VBIpgkRy41F2CACI3kIEQmJllHhawPf/77v6R2XPLPSqc3J8Xy5ayZPNtj++yQ+eycldk1q7AqE2zIHtkTe3YenBfn1Xn7Hs05s51d9gvO+xeZaJg+</latexit>

⌧ i
`,nm

<latexit sha1_base64="nobBFlButj2lodJJFnLScrIN2Jw=">AAACBHicbVC7TsNAEDyHVwgvAyXNiQiJAkU24lVG0FAGiTykJETryyaccj5bd+tIkZWWr6CFig7R8h8U/AtOSAGBqUYzu9rZCWIlLXneh5NbWFxaXsmvFtbWNza33O2dmo0SI7AqIhWZRgAWldRYJUkKG7FBCAOF9WBwNfHrQzRWRvqWRjG2Q+hr2ZMCKJM6rtsiSDppC5U60uH4Luq4Ra/kTcH/En9GimyGSsf9bHUjkYSoSSiwtul7MbVTMCSFwnGhlViMQQygj82MagjRttNp8jE/SCxQxGM0XCo+FfHnRgqhtaMwyCZDoHs7703E/7xmQr2Ldip1nBBqMTlEUuH0kBVGZpUg70qDRDBJjlxqLsAAERrJQYhMTLKOClkf/vz3f0ntuOSflU5vTorly1kzebbH9tkh89k5K7NrVmFVJtiQPbIn9uw8OC/Oq/P2PZpzZju77Bec9y+iwphE</latexit>
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Sensing terminal

Fig. 1: System model.

antenna arrays are located in xT ∈ R3×1 and xR ∈ R3×1, re-
spectively. The sensing terminal implements L measurement
channels, for all Tx-Rx antenna pairs (say, each single an-
tenna is located in xT,ℓ and xR,ℓ, respectively). At each Tx
antenna, the sensing terminal emits the signal

s(t) = g(t)ej2πf0t (1)

where the base-band waveform g(t) has bandwidth B and the
carrier frequency is f0. For simplicity, we assume g(t) to be
the same on each Tx antenna, as for a MIMO radar operating
in time-division multiplexing. The RIS is in the generic posi-
tion x ∈ R3×1 and is made by N ×M elements, displaced
along the x and y axes of the local reference system. The lo-
cal axes are rotated w.r.t. the global ones by the Euler angles
γ = [ψx, ψy, ψz]

T ∈ R3×1 (roll ψx, pitch ψy and yaw ψz).
These latter represent the RIS orientation, which is the objec-
tive of the estimation together with position x. The position
of the (n,m)-th element of the RIS in global coordinates is

xnm = x+Q(γ)pnm (2)

for n = −N/2, ..., N/2 − 1, m = −M/2, ...,M/2 − 1,
where pnm = [nd, md, 0]

T is the local position of the
(n,m)-th element in local coordinates (for inter-element

spacing d), matrix Q(γ) = Qz(ψz)Qy(ψy)Qx(ψx)
△
={

Q|det(Q) = 1,QQT = I3
}

defines the relative counter-
clockwise rotation of the local reference system around z,
y and x axis by angles ψz , ψy , ψx, respectively, where sin-
gle cascaded rotation matrices are defined according to the
convention indicated in Fig. 1.

The Rx signal for the ℓ-th measurement channel of the
sensing terminal (after demodulation) is reported in (3) ex-
pressed in the frequency domain, where ρ denotes geometri-
cal energy losses, G(f) is the Fourier transform of g(t), Φnm

is the phase applied at the (n,m)-th element of the RIS,

τ iℓ,nm =
∥xnm − xT,ℓ∥

c
, τoℓ,nm =

∥xR,ℓ − xnm∥
c

, (4)

are the absolute delays between the ℓ-th Tx and Rx antennas
and the (n,m)-th element of the RIS, respectively. Term

Zℓ(f) ∈ CN (0, N0δℓ−kδ(f)) is the additive noise with
power spectral density N0, while Hℓ(f,η|Φ) is the deter-
ministic component of the observation at the ℓ-th channel,
function of the parameters to be estimated η = [x,γ]T (RIs
position and orientation) and of the RIS phases Φ ∈ CNM×1.
The expression of ρ follows from the radar equation [10]:

ρ =

√
c2

(4π)3f20 ∥x− xT∥2∥xR − x∥2
Γelem ejδ (5)

where Γelem is the radar cross-section of the single RIS el-
ement of size d2, and δ models residual phase uncertainties
about the target (the RIS) arising, for instance, from Tx-Rx
circuitry and Doppler effects from motion. We assume that
Tx and Rx antennas, as well as RIS elements, are isotropic
for simplicity.

Approximation (a) in (3) assumes FF at both RIS and
sensing terminal, i.e., uniform planar wavefronts, thus the de-
lays can be linearized as

τ iℓ,nm
(a)
≃ τ i0 +∆τ iℓ(ζT)) + ∆τ inm(ξi) (6)

τoℓ,nm
(a)
≃ τo0 +∆τoℓ (ζR) + ∆τonm(ξo) (7)

where τ i0 and τo0 are the macroscopic delays between the
Tx and Rx phase centers and the RIS phase center, re-
spectively, while ∆τ iℓ and ∆τoℓ are the excess delays at
the sensing terminal, function of angles of departure and
arrivals ζT and ζR respectively, whereas ∆τ inm and ∆τonm
are the excess delays at the RIS, function of incidence and
reflection angles ξi = [ϕi, θi]

T = J (Q(γ)(xT − x)) and
ξo = [ϕo, θo]

T = J (Q(γ)(xR − x)) (elevation and az-
imuth), where J : R3×1 → R2×1

2π is the transformation
between global Cartesian coordinates to RIS-local spherical
coordinates, according to the convention in Fig. 1. In FF, the
overall RIS behavior is summarized by factor

β(f |Φ) = ρ
∑
n,m

ejΦnme−j2π(f0+f)(∆τ i
nm+∆τo

nm), (8)

that is the overall frequency-dependent RIS reflection coef-
ficient (including path loss). The base-band frequency f ∈
[−B/2, B/2] models the spatially wideband response of the
RIS through β(f |Φ), that filters the impinging signal G(f).

The further approximation (b) in (3) assumes narrowband
operation, i.e., the duration 1/B of the base-band Tx wave-
form g(t) is not affected by the residual (excess) delays at
the RIS and at the sensing terminal. In other words, the nar-
rowband approximation in the frequency domain implies that
the RIS has the same reflection coefficient for all the frequen-
cies f (corresponding to f0). The narrowband operation is
currently assumed in all the literature [7,8] but does not prac-
tically match the reality in most of sensing acquisitions. In
the following, we derive and compare the CRB for the model
(3), highlighting the spatially wideband effects.
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Yℓ(f)=ρG(f)
∑
n,m

ejΦnme−j2π(f0+f)(τ i
ℓ,nm+τo

ℓ,nm)

︸ ︷︷ ︸
Hℓ(f,η|Φ)

+Zℓ(f)

(a)
≈G(f)e−j2π(f0+f)(τ i

0+τo
0+∆τ i

ℓ+∆τo
ℓ )β(f |Φ)+Zℓ(f)

(b)
≈G(f)e−j2π(f0+f)(τ i

0+τo
0 )e−j2πf0(∆τ i

ℓ+∆τo
ℓ )β(0|Φ)+Zℓ(f)

(3)

3. CRB ON POSITION AND ORIENTATION

The CRB is evaluated by assuming the knowledge of ρ (path-
loss), that allows obtaining an optimistic lower bound on po-
sition and orientation estimation. If ρ is unknown, its real
and imaginary parts can be included in the parameters to be
estimated, increasing the CRB. The RIS can be configured
according to [11]:

[Φ]nm=

2πf0

[
∥xnm − xT∥

c
+

∥xR − xnm∥
c

]
NF

2πf0
[
∆τ inm +∆τonm

]
FF

(9)

where in the first case (NF) the RIS is able to perfectly fo-
cus the impinging radiation towards the phase center of the
sensing terminal, while in the second case (FF) the RIS is
configured to reflect the signal from ξi to ξo. The perfect RIS
configuration represents an upper performance bound mod-
eling the situation in which the RIS follows some focusing
alignment procedure such as the one in [12], not necessar-
ily implying the perfect knowledge of x and γ (and thus of
xnm), which is the objective of the estimation. A similar con-
sideration can be made for FF configuration. In any case, the
NF/FF phase configuration is optimal only at f0. The Fisher
information matrix (FIM) F is block-partitioned as follows:

F =

[
Fxx Fxγ

Fγx Fγγ

]
(10)

with straightforward dimensions, whose entries are

[F]ij=
2

N0
ℜ

{
L∑

ℓ=1

∫
B

∂H∗
ℓ (f,η|Φ)

∂[η]i

∂Hℓ(f,η|Φ)

∂[η]j
df

}
(11)

where the integral is over the occupied bandwidth B and the
summation of over the measurement channels L.

4. NUMERICAL RESULTS

We show numerical results quantifying the spatially wideband
effects for the position and orientation estimation of a target-
lodged RIS. We consider a monostatic sensing terminal oper-
ating at f0 = 78.5 GHz, on a variable bandwidth B ∈ [1, 10]
GHz, equipped with 1 Tx antenna located in the origin of the
global coordinate system and 20 × 20 Rx antennas along y

and z axes. The RIS size is variable, from Aris = 5 × 5
cm2 to Aris = 35 × 35 cm2. In all the evaluations, the RIS
is in x = [5, 0,−5.5]T m, located on the xy plane, for ex-
ample, the RIS is mounted on a vehicle roof and illuminated
by radar on a roadside unit. The Tx power is 23 dBm at the
single Tx antenna, and the Rx signal is corrupted by thermal
noise with N0 = −173 dBm/Hz. Notice that, as the power is
kept fixed, increasing the bandwidth B means decreasing the
energy spectral density of the Tx signal G(f).

The first result is summarized in Fig. 2. We show the
position error bound (PEB), evaluated as

PEB =

√
trace([F−1]1:3,1:3)

3
(12)
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Fig. 2: PEB vs. B for (a) 10 × 10 cm2 and (b) 20 × 20 cm2 RIS.
The narrowband model is commonly considered in literature [7, 8].
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where the FIM can be either the NF or the FF one, under
either spatially wideband or narrowband operation. The lat-
ter, being the current state of the art [7, 8], assumes that the
RIS behavior is independent on the base-band frequency f , as
for approximation (b) in (3). We also report as a benchmark
the lower bound in which the orientation γ is known (or its
estimation is assumed to be decoupled from position), thus
F = Fxx. Let us first consider the case of a 10× 10 cm2 RIS
(Fig. 2a). For increasing bandwidth B, the PEB increases
as well, as long as the spatially wideband modeling (both NF
and FF) is concerned. PEB for narrowband FF is invariant,
and it lower bounds the spatially wideband one, underesti-
mating the true PEB. The former effect is counter intuitive,
as increasing B is expected to decrease the PEB thanks to an
increase in the sensing resolution. This is not true, as the RIS
in spatially wideband conditions operates as a filter on the Tx
signal spectrum G(f) that actually decreases the reflected en-
ergy w.r.t. the narrowband (frequency-flat) case. Notice that
even when the RIS is assumed to be not frequency-selective
(FF, narrowband curve), the PEB does not improve with B,
as the effective bandwidth of s(t) (1) is [13]:

B2
eff = f20 +

B2

12
≈ f20 , (13)

is largely dominated by the carrier component for the consid-
ered settings, and almost insensitive to B (for B = 10 GHz
and f0 = 78.5 GHz, the first term of (13) is 3 orders of mag-
nitude higher than the second). This is common for carrier-
phase positioning [14]. Fig. 2a also highlights the difference
between the NF and FF modeling of the RIS behavior. When
the orientation γ is known, e.g., an RIS is deployed on the
rooftop of a vehicle, the FF shows higher PEB, as expected,
as NF enables energy focusing at the Rx side.

Interestingly, for known γ, the spatially wideband PEB
can be lower than the narrowband one. Thus, the informa-
tion brought in the FIM by the position-dependent filtering
operated by the RIS overcomes the energy loss due to beam
squinting and yields lower PEB. As B increases, the energy
loss becomes dominant, and spatially wideband PEB starts to
be larger than the narrowband one (i.e., the NF/FF spatially

5 10 15 20 25 30

10
-2

10
-1

10
0

10
1

Fig. 3: OEB of ψy vs. RIS size (side size).

wideband PEB curves cross the FF narrowband one). This
latter threshold effect depends on the size of the RIS and on
its distance from the sensing terminal. Although not reported
for brevity, it can be shown that as the latter increases, the in-
formation loss due to spatial energy spreading dominates over
the pose-dependent filtering effect, shifting the threshold to-
wards lower values of B. This phenomenon is also observed
by increasing the size of the RIS (see Fig. 2b). In this latter
case, the PEB gap between NF and FF—with γ known—is
higher, whereas again no difference between NF and FF is
observed for the position estimation problem.

The second result, in Fig. 3, reports the orientation er-
ror bound (OEB) on the pitch angle ψy for the NF spatially
wideband model, versus the RIS size, varying the bandwidth
B = 1, 4, 8 GHz. The OEB is defined as

OEBy =
√
[F−1]5,5 (14)

where the lower bound corresponding to known position x is
obtained by plugging F = Fγγ in (14). We select the pitch
angle ψy to be analyzed as it is the one providing the lower
OEB among ψx, ψy, ψz , thus the higher model sensitivity. We
notice that increasing the size of the RIS means increasing
its frequency-selectivity for a given bandwidth B (narrowing
its reflection beamwidth and exacerbating the spatially wide-
band effect), thus penalizing the Rx signal energy. The re-
sult is an OEB that worsens with B except for a very small
RIS. For known x, instead, this latter effect is only observed
above a given RIS size, approximately 20 × 20 cm2 in the
considered settings. Below, the lower OEB value is attained
by B = 4 GHz, as a trade-off between frequency-selectivity
(dominating for large B) and a beneficial pose-dependent fil-
tering (dominating for small B). This is a further confirma-
tion of what is observed on the PEB in Fig. 2, and underlines
the importance of the spatially wideband modeling in the po-
sition and orientation estimation of a target-lodged RIS.

5. CONCLUSION

This paper analyzes the spatially wideband effects on the
position plus orientation estimation of a RIS (that can be
possibly placed on a desired target), namely the frequency-
dependent (filter) RIS behavior when the employed sensing
signal bandwidth is large. We derive the CRB in NF/FF and
wideband/narrowband modeling assumptions, discussing the
trend of PEB and OEB varying the employed bandwidth and
RIS size, respectively. The results highlight the importance of
spatially wideband modeling of the RIS for localization, and,
under some circumstances and typical NF conditions, the
spatially wideband PEB is tighter than the narrowband one,
as the RIS behaves like a pose-dependent filter. Further, the
spatially wideband RIS behavior opens for further research
on the optimal spectral shaping of G(f) to optimize (lower)
the PEB/OEB.
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